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A4. i) Adou F, G apxikeég tng f oto (0,2) tote (amod yvwoto Bewpnua)
unapyel c € R, wote F(x) = G(x) + ¢, yla kaBe x € (0,2).
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Oswpw TN cuvapTNOoN
B(x) = x1 F(x) + x2G(X) + 2x — X1 — X2, X € [x1, X2].
B(x) = x1 F(x) + x2[F(x) — F(x2)] + 2x — X1 — X2

* B ouvexng oto [x1, X2] wg mPAELG CUVEXWVY CUVAPTHOEWY

* B(x1) = X1 F(x1) + x2[F(x1) = F(x2)] + 2X1 — X1 — X2 = — X2F(X2)+ (x1 —X%2) < O
(AdoU x2 > 0 kat F(x2) > 0 Kat x1 < X2, @pa: — X2F(x2) <0 kot X1 = X2 < 0)

* B(x2) = x1 F(x2) + x2[F(x2) = F(x2)] + 22 — x1 — X2 = XxaF(x2)+ (x2 —x1) >0
(AdoU x1 >0 kat F(x2) >0 kot X2 > x1, apa : x1F(x2) >0 kot x2 —x1 > 0)
Apa B(x1)B(x2) < 0 kat cUpdPwva pe to Bswpnua Bolzano n e€iowon
B(x) =0 €xel pa touAdyLotov pila oto (x1, X2) (1)

H B elval mapaywyiolun oto (X1, X2) W¢ MPAEELS TTapAyWYIoLLWY
ouvaptioswyv pe B’ (x) = xaf(x) + xof (x) + 2 = (x1+x2)f(x) + 2 > 0 yia kAOe

X € (X1, X2) adoU (x1+x2 > 0 kat f(x) > 0 yia KAOs x € (X1, X2) kat 2 > 0)



Apa BT (x1, X2). Apa n e€iowaon B(x) =0 €xel pia to moAU pila oto (X1, X2)

(2).
Ao (1), (2) mpokumtel 6Tl N e€lowon B(x)=0 &

X1 F(x) + x2G(x) = X1 + X2 - 2X €X€l povadikn pila oto (X1, X2).



